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We investigate the possibility of having stable rules for two-sided markets
with transferable utility, that satisfy some valuation monotonicity and fairness
axioms. Valuation fairness requires that changing the valuation of a buyer for
the object of a seller leads to equal changes in the payoffs of this buyer and
seller. This is satisfied by the Shapley value, but is incompatible with stability.
A main goal in this paper is to weaken valuation fairness in such a way that
it is compatible with stability. It turns out that requiring equal changes only
for buyers and sellers that are matched to each other before as well as after
the change, is compatible with stability. In fact, we show that the only stable
rule that satisfies weak valuation fairness is the well-known fair division rule
which is obtained as the average of the buyers-optimal and the sellers-optimal
payoff vectors. Our second goal is to characterize these two extreme rules by
valuation monotonicity axioms. We show that the buyers-optimal (respectively
sellers-optimal) stable rule is characterized as the only stable rule that satisfies
buyer-valuation monotonicity which requires that a buyer cannot be better off
by weakly decreasing his/her valuations for all objects, as long as he is assigned
the same object as before (respectively object-valuation antimonotonicity which
requires that a buyer cannot be worse off when all buyers weakly decrease their
valuations for the object that is assigned to this specific buyer, as long as this
buyer is assigned the same object as before). Finally, adding a consistency axiom, the two optimal rules are characterized in the general domain of allocation
rules for two-sided assignment markets with a variable population.
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